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EEETAZOMENO MAOHMA:
MAOHMATIKA ITPOXANATOAIZEMOY

(Evoeixtikés Amovtnoeig)
OEMA A

Al. Anddeién oehida 186 oyoiucon

A2. Opiopdg oerida 142 oyoiukoh

A3." Opiopdg cerida 161 oyoiikov

A4.

2Q¥TO
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YQ¥TO
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PR PR

OEMA B
B1. T va opietaim fo g mpémer

{XE[0,+oo) {XZO:{ x>0
g €01 " lx<1 logx<1

Apa Agg = [0,1]

Eniong (fo g)(x) =VX —2VX +1=x2 —2x+ 1= (x—1)?
Emopévoc h(x) = (feg)(x) = (x—1)?, x € [0,1]

0<x<1

>0
B2. 'Ecr(oh(x)=y<:)(x—1)2=y¥=>|x—1|=ﬁ<=>—x+1=

ﬁ(i)x:l—\/;



En{cmgnpénaOSXS1@0S—ﬁ+1$1@0§y§1

Emopévaoc h™1(x) = 1 —vx,x € [0,1]

["a va woyvovy o1 vtoBéoelg Tov Be@PNUOTOG EVOLAUEG®Y TILADV TPETEL
N ¢ va givor ovveyng oto [0,1] ko @(0) # (1)

H ¢ o710 [0,1) givan cvveyng og mpdéelg cuveymv

A@pov
1
1) ==
¢(1) = -
1-vVX (1-vx)(1+Vx) 1-x o1 1
hm 1o(x) = hr{l— 1-x X1_>1— (1-x)(1+vX) th_ (1-x)(1+vX) XILT— 1+Vx 2
e O

apa (1) = Xllj{l_ @(x) ,emopévmg n @ gival cuVENNS 6T0 Xg = 1 cuvendg N

cuvemgoto [051]

Eniong @(0) = 1 dpa
@(0) # ¢(1)

Apaacydovv o1 voféaelc Tov BePNUATOG EVOIALECOV TILDV

nuToto(O) 4
. Ft(x <a<- <===>m1a <nu(x<np & - <nu(x<1

To nua givon pio evdrdpeon tun petald tov ¢(0) kot (1), dpa and ©.E. T
vmapyel xo € (0,1) : @(xo)=nua

OGEMAT
I'l. T kdfe X<-1:
L.O.M.T
f'(x) = 2=f'(x) = (—2x)’

Apa f(x) = —2x + ¢ v kabe x < —1.

lNokabex > —1:

%.O.M.T
ffx)=3x-1e===f'x) = x3-x)



Apa f (x)=x*—x+c,y100 kGBe x > —1.
Agpobv 1 C, diépyetar and v apyn tev a&ovov éxovpe f(0) =0 < c, =0

Enopévog £yovpue:

—2+c,x< -1
—-xx> -1

f(x) = {

H f eivat cuveyng oto —1lovvendg f(-1)=lim f(x)=lim f (x)<c, =-2

I'2. T X, > -1n gpantopévn oto onueio A( (X, f(xg)) éxet e&icwon:
y — f(x0) = '(Xo) (x — %)

Emeidn diépyeton amd 1o (0,-2) £xovpe:

=2 —f(x) =f'(x0)(0 —%p) &
—2—Xo+Xo=-3%°+X, %X =1©%x,=1
Yuver®dg N e&lowon g epantopévng etvaly = 2x — 2.
I'3. A@ob M civor onpeio nc () t0te M(X, 2X-2)
Kat K 1 tpofoin tov M otov X X 1618 K(X,0)

MK KI' | (x-2)-(2x=2)
2

=x2—3x+2

To epufaddv tov prydvov MKT™: E =

Enopévag E(x(1)) = x2(t) — 3x(t) + 2
Apo E'(t) = 2x(0)x'(t) — 3x' (1) xarywa t = t, eivon x(ty) = 3 ko x'(ty) = 2

pov?

ApaE'(t) =2-3-2—-3-2=6

sec

X——00
u—>0

) Nuf(x) ) f(X) 1\ _
F4- xl—l>r—noo( f(X) ) x1—1> (o] (f( )T“'l fx )> llm (unuu) - 0

Kot

X——00
G () N L R o

lim = lim lim ———= lim = 1.

x——00 ] — x3 y—+00 y3 + 1 y—+00 y3 + 1 y—>+ooy

Emopévmg £yovpe:

lim

X—>—00

[n uf(x)  f(—x)

- 1=1
f(x) +1—X3] 0+



OEMA A

Al.
l.  Hf eivar mapoayoyiown pe mapdymyo f'(x) =1 — % =—

X 0 1 + oo

T~ _—

4, = (0,1], 4, = (1, +0)
fmo¢3"puxggfuﬁ=ﬂl—m3Aau
xlirggrf(x) = xlirgg(x —In(3x)) =0 — (—») = +x

£ = (£, Jim f()) = (1= In3, +e0), agoy

In(3x)

lim (x —1In(3x)) = limx (1 — ) = 400 gne1dn
x—+00 X—+0

1

. In(3x) DLH _, b
lim = lim =0

x—+400 X xX—+oco 1

Apov 0 € fi(4;)xarfyv. povotov vapyel povadikd x; €(0,1) téroio dote

flx)) =0

Agov 0 € f(4,)xo fyv. povotovn vapyet povadiko x, € (1, +00) tétoto
oote f(x,) =0

. H f'eivon mapayoyioun oto (0,+w)pe f”(x):iz>0.
X

Apan f eivor kopt.
A2. To {ntovpevo euPaddv eivar

E=jﬁﬂwa

1
Opog yo kébe x (X, %, )etvon f(x)=0,n feivar cuveyng oo (X, X, ) GUVETDOS

amd TV cvvénela tov Bewpnuartog Bolzano éyovue 6t n f dratnpei Tpdonuo.
Eniong woydet f(1) = 1 —In3 < 0 enopévarg f(x)<0yw kdbe X €[, X, ]



X X3 2

E=fx2|f(x)|dx=j (ln3x—x)dx=[xln3x—x—x7]§f=

1 X1

xZZ x12
x, In(3x,) — x, — — =X In(3xy) +x; + -

Opomg

f(x1) =0 In(3x;) = x4
f(xz) =0 & In(3x,) = x,
Apa
x,2 X% X2
E = x,In(3x,) — x, — % —x, In(3xy) +x; + = - — (x, — x41)

1
= E(xz —x1)(x; + %, — 2)

A3. Exyovpe 6t E>0© x1+x,—2>0 2 —x; <x,000mn fdev

givou otadepn 610 [ X, X, |
Emiong x, <1=>2-x >1

Apa €yovpe:

2—x1,%X2€(1,+ )
f avéovoa

2—x, <X = f(2-x) <f(x)=f(2=%x)<0
Ad. A@ov 1 T etvo Kuptn EQOVUE :
fOx)= )@ —x)+ ) e f) = f () (x — x3)
Me v wo0tTa va 1oy vl Lovo 0Tay X = X,

Opog 2f (x)+In3-1> f (x) < f(x)= f (1) ue v 160610l VO 1508 P6VO dTOY

10 x=1010t1 1 f éyer ohikd eldyioto udévo oto 1.

Xvvenmg 1 e&lowon givat advvor.



